1 The Implicit Function Theorem applied to workers production Let g i be real valued functions defined and continuously differentiable on an open set D ⊂ R 6 . Let
Let Q be the Jacobian matrix
Then there exists a neighborhood
, and real valued functions W 1 and W 2 continuously differentiable on W, such that
For every z = (q, q , x, x ) ∈ W we have
Furthermore for z ∈ W, the partial derivatives of W i (z), i = 1, 2 are the solutions of the set of linear equations given by
where P and J are the Jacobian matrix P =   ∂g 1 (w,w ,q,q ,x,x ) ∂q ∂g 1 (w,w ,q,q ,x,x ) ∂q ∂g 1 (w,w ,q,q ,x,x ) ∂x ∂g 1 (w,w ,q,q ,x,x ) ∂x ∂g 2 (w,w ,q,q ,x,x ) ∂q ∂g 2 (w,w ,q,q ,x,x ) ∂q ∂g 2 (w,w ,q,q ,x,x ) ∂x ∂g 2 (w,w ,q,q ,x,x ) ∂x
To apply this theorem to our model, functions g i , i = 1, 2 must be identified as follows g 1 (w, w , q, q , x, x ) = G(q, w, x, q , w , x ) g 2 (w, w , q, q , x, x ) = G(q , w , x , q, w, x)
The theorem thus allows to identify partial derivatives. For instance, 
